The quantities (1.1) are generally referred to as the "differences" of the sequence {nP} since they satisfy the recurrence relations (1 2)AVp = "* (p = 0,1,2,-■■ ), A"ßp = A-Vp -A»-Vp+i (n = 1,2,3, ■■■ ;p = 0,1,2, ••■).
In this paper, we shall say that the sequence {tp} is the Hausdorff transform of the sequence {sp} generated by the sequence \pp} in case (1.3) <P=ÈfÎY(A"-W-i.
(P-0,1,2,-..).
9=0 \ q / A Hausdorff transform generated by a sequence {up} will be called here, for shortness, an (H, fip) transform. Although transformations of the form (1.3) are generally referred to as Hausdorff transformations, it is to be noted that they were actually first investigated to any extent by Hurwitz and Silverman [l] ,1 who characterized them as sequence-to-sequence transformations generated by triangular matrices A permutable with the matrix AMNON JAKIMOVSKI [October M of (C, 1) summability. In his later investigations, Hausdorff [2] in effect characterizes transformations of the form (1.3) as sequence-tosequence transformations generated by triangular matrices A and having the property given by the following theorem: Theorem 1.1. If {pp} and {sp} are any two sequences of numbers, then {tp} is the (H, pv) transform of \sp\ if and only if the sequences \Anso), {A"í0} satisfy the multiplicative relation (1.4) AHo = Hn-A"so (n = 0,1,2, ■■■).
In §2, we prove a theorem which is a generalization of Theorem 1.1 and which includes this latter theorem as a special case.
If We are now ready to prove the following theorem which contains the main result of this section. 3. The reversed transform of a Hausdorff transform. Hausdorff [2] has proved the following result. In case {ßp} is a monotone Hausdorff moment sequence, then in view of Theorem 3.1 we have from Theorem 3.1 and Theorem 3.3 given by H. L. Garabedian and H. S. Wall [3] conditions in terms of the 5-fraction expansion of the formal power series Z"=o PpWp+1 for the reversed transformation of the sequence-to-sequence transformation (1.3) to be regular.
